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Theorems 2.4 and 2.7 assume the hypothesis

A is partial many-one Σ0
n complete

This hypothesis is, in fact, equivalent to

n = 1 and A is nonempty
or n ≥ 2 and A is many-one Σ0

n complete

The proof of this equivalence is an easy consequence of Proposition 2.2 and
the following facts from Mohrherr’s paper [1] :

1. Let (ϕx)x∈N be a standard enumeration of partial computable func-
tions N→ N.
- If A ⊆ N, let Apm = {(x, y) | ϕx(y) ∈ A}.
- B is a pm-cylinder if it is recursively isomorphic to some Apm.
- A set is dual-pm if A and N \A are both pm-cylinders.

2. The set ∅′′ is dual-pm (cf. Mohrherr’s paper, page 832, §3 line 5, where
∅′′ is denoted by K ′).
Relativizing, this is also valid with ∅(p), for p ≥ 2.

3. If A is dual-pm and is partial many-one equivalent to B then A and
B are recursively isomorphic (cf. Mohrherr’s paper, page 833, Propo-
sition 5).

Observe that ∅(p) is many-one Σ0
p+1 complete. Thus, if B is partial many-

one Σ0
p+1 complete (p+1 ≥ 2) then it is recursively isomorphic to ∅(p) hence

many-one Σ0
p+1 complete.
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